
            

PAPER • OPEN ACCESS

Time-domain optics for atomic quantum matter
To cite this article: Simon Kanthak et al 2021 New J. Phys. 23 093002

 

View the article online for updates and enhancements.

You may also like
Evaluation method for the design results of
space gravitational-wave telescopes
Jiancong Li, Hongan Lin, Yaozhang
Huang et al.

-

Development of a high-power and stable
laser for large-scale cryogenic gravitational
wave telescope
Kohei Takeno, Shigenori Moriwaki and
Norikatsu Mio

-

Large-scale cryogenic gravitational-wave
telescope in Japan: KAGRA
Tomotada Akutsu and (for the KAGRA
collaboration)

-

This content was downloaded from IP address 89.245.22.245 on 16/08/2023 at 06:42

https://doi.org/10.1088/1367-2630/ac1285
/article/10.1088/1361-6501/acb167
/article/10.1088/1361-6501/acb167
/article/10.1088/0264-9381/21/5/076
/article/10.1088/0264-9381/21/5/076
/article/10.1088/0264-9381/21/5/076
/article/10.1088/1742-6596/610/1/012016
/article/10.1088/1742-6596/610/1/012016


New J. Phys. 23 (2021) 093002 https://doi.org/10.1088/1367-2630/ac1285

OPEN ACCESS

RECEIVED

15 May 2021

ACCEPTED FOR PUBLICATION

8 July 2021

PUBLISHED

1 September 2021

Original content from
this work may be used
under the terms of the
Creative Commons
Attribution 4.0 licence.

Any further distribution
of this work must
maintain attribution to
the author(s) and the
title of the work, journal
citation and DOI.

PAPER

Time-domain optics for atomic quantum matter

Simon Kanthak1,2,∗ , Martina Gebbe3 , Matthias Gersemann4 , Sven Abend4 ,
Ernst M Rasel4 and Markus Krutzik1,2

1 Institut für Physik, Humboldt-Universität zu Berlin, Newtonstraße 15, 12489, Berlin, Germany
2 Joint Lab Integrated Quantum Sensors, Ferdinand-Braun-Institut gGmbH, Leibniz-Institut für Höchstfrequenztechnik,

Gustav-Kirchhoff-Straße 4, 12489 Berlin, Germany
3 Zentrum für Angewandte Raumfahrt und Mikrogravitation (ZARM), Universität Bremen, Am Fallturm 2, 28359 Bremen, Germany
4 Institut für Quantenoptik, Leibniz Universität Hannover, Welfengarten 1, 30167 Hannover, Germany
∗ Author to whom any correspondence should be addressed.

E-mail: kanthak@physik.hu-berlin.de

Keywords: Bose–Einstein condensates, ultra-cold atoms, matter-wave lensing, time-domain optics, optical dipole traps, atom-chip
traps, matter-wave telescope

Abstract
We investigate time-domain optics for atomic quantum matter. Within a matter-wave analog of
the thin-lens formalism, we study optical lenses of different shapes and refractive powers to
precisely control the dispersion of Bose–Einstein condensates. Anharmonicities of the lensing
potential are incorporated in the formalism with a decomposition of the center-of-mass motion
and expansion of the atoms, allowing to probe the lensing potential with micrometer resolution.
By arranging two lenses in time formed by the potentials of an optical dipole trap and an
atom-chip trap, we realize a magneto-optical matter-wave telescope. We employ this hybrid
telescope to manipulate the expansion and aspect ratio of the ensembles. The experimental results
are compared to numerical simulations that involve Gaussian shaped potentials to accommodate
lens shapes beyond the harmonic approximation.

1. Introduction

Various concepts of photonics can be applied to atomic matter waves by exploiting the dissipative and the
dispersive interactions of atoms with external fields [1, 2]. Following electron and neutron optics [3, 4],
lenses for atomic de Broglie waves based on magnetic [5, 6] and optical potentials [7–9] are employed in
atomic waveguides [10, 11] and in free fall [12, 13] to converge [14], collimate [15] or diverge [16] atomic
ensembles.

In this paper, we utilize a single beam optical dipole trap (ODT) to form various types of matter-wave
lenses applied to Bose–Einstein condensates (BECs). We tune the shape and the refractive power of the
atom lens through timing, power and duration of the optical pulses following a time-domain analog of the
thin-lens formalism [17, 18]. Thanks to the single-mode properties and small spatial extents of BECs, we
can probe the lensing potential with a spatial resolution of the order of microns. By arranging two lenses in
time formed by the potentials of an ODT and an atom-chip trap, we then realize a magneto-optical
matter-wave telescope to precisely control the expansion and aspect ratio of atomic quantum matter.

Due to their point-source like characteristics, BECs constitute ideal quantum probes to study precision
atom optics and feature important properties for application in interferometry such as small spatial
extension, low expansion velocities and large spatial coherence. BECs are proposed for application or
already employed in gravimeters [19–21] and tiltmeters [10, 22], magnetometers and magnetic
gradiometers [23, 24] and gyroscopes [25]. Aiming at high inertial sensitivities using extended
interferometer times requires exquisite control over the atomic motion, in particular the wave packet’s
expansion. The latter is determined by the features of the release trap and, unlike photonic waves, is
modified by density-dependent atom-atom interactions. This brings the need for, e.g. dilute ensembles [26],
control of the atomic interactions [27], optimized release protocols [28], or shaping of the atomic
expansions after release from the trapping potential e.g. by delta-kick collimation (DKC) [29]. Collimation
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Figure 1. Matter-wave lensing of chip-based BECs. (a) The hybrid setup for matter-wave lensing is formed by an ODT at
1064 nm (green single beam) below the surface of an atom chip (beige layer with dark gray wire), which allows for the creation of
different magnetic potentials (white parabolas). After preparation within the atom-chip trap, the BEC is released into free fall for
matter-wave lensing with optical and magnetic potentials. Two absorption imaging axes allow for the observation of the BEC
along and perpendicular to the dipole beam. (b) Illustration of time-domain optics with an optical atom lens. The image
formation can be predicted within a matter-wave analog of the thin-lens formalism, see equations (4) and (5).

of atomic matter waves resulting in ultra-narrow velocity distributions already enables macroscopic
interferometer times [12, 13, 30], efficient transfers of large momentum [10, 31], and observation of the
long-time evolution of matter waves [32, 33]. However, full flexibility and control over dispersion and size
of atomic ensembles require matter-wave lenses of various shapes and refractive powers. Towards this end,
single lenses or optical lens systems have to be precisely engineered in time series by tailored potentials,
while the matter-wave packets expand in free space, and anharmonicites of the conservative potentials need
to be taken into account.

The paper is structured as follows: section 2 introduces our combined atom-chip and dipole trap setup
and describes the experimental sequence for matter-wave lensing. In section 3, we present the numerical
method used to describe the evolution of BECs after release and manipulation in optical potentials. We
show results on matter-wave optics with our optical lenses and a hybrid matter-wave telescope. In section 4
we give a conclusion of the results and discuss limitations of the presented methods.

2. Experimental setup and sequence

2.1. Matter-wave lensing of chip-based BECs
Our atom-optics experiments are based on a hybrid atom trap consisting of a magnetic atom-chip trap and
a single beam ODT, as illustrated in figure 1(a). This geometry is implemented in the BEC apparatus which
is described in detail in [12, 34]. The experiment’s atom chip typically generates BECs of up to
1.5 × 104 87Rb atoms in the magnetic |F = 2, mF = 2〉 state within 12 s of repetition time. The apparatus
allows for the creation of magnetic traps of various trap frequencies connected to different distances below
the chip surface, where the potential of a far-detuned Gaussian beam enables optical trapping and
matter-wave lensing. Both the magnetic trap and the ODT are ellipsoid in shape and their principal axes are
perpendicular to each other.

Figure 1(b) shows the experimental sequence for optical matter-wave lensing. After release from a
magnetic trap (named release trap) centered above the optical beam, the BEC drops and freely expands for
a delay time tdel until we apply a temporally shaped, Gaussian pulse of the dipole beam (1/e2 width τ ). An
absorption image is taken after a total expansion time t, from which we determine the center-of-mass
(COM) position Δ and size σ of the ensemble with Gaussian fits to the atomic density distribution. Table 1
shows the release trap’s frequencies (ωξ , ξ ∈ {x, y, z}) and center position (Δz,0, measured from the chip
surface) together with the initial BEC size (σz,0). In addition, we include the parameters of an optical and a
magnetic matter-wave lens.

2.2. An optical matter-wave lens in the vicinity of an atom chip
As a light source for the optical matter-wave lens, we use a high-power fiber amplifier system [NKT
Photonics, Boostik] with a low-noise, single-frequency laser [NKT Photonics, Koheras
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Table 1. Parameters of the employed optical and magnetic potentials. Trap features of the
magnetic trap used to release a BEC for matter-wave lensing alongside the two lensing
potentials which form our hybrid matter-wave telescope. We indicate the shape of the lenses
in each dimension with a convex lens for ωDKC ∈ Re and a concave lens for ωDKC ∈ Im. The
COM position Δz,0 refers to the surface of the atom chip. The initial sizes of the BEC in the
other dimensions are given by σξ,0

√
ωξ = σζ,0

√
ωζ .

Adjustik] emitting linearly polarized light at 1064 nm with an FWHM linewidth of 3 kHz. The emitted
light is amplified by a fiber amplifier, which provides up to 10 W of optical output power5.

The amplifier’s output is delivered to an optical distribution system for optical pulse shaping. The light
passes through an optical isolator [Thorlabs, IO-5-1064-VHP], before the power is dynamically
adjusted by an acousto-optical modulator [AA Opto-Electronics, MTS80-A3-1064Ac] driven by
radio-frequency pulses from an arbitrary waveform generator. A mechanical shutter [NM Laser,
LST400] is used to fully block the light to avoid disturbance of the BEC generation. The light is
fiber-coupled and guided to the ultra-high vacuum (UHV) chamber via a polarization-maintaining
single-mode fiber.

At the exit port of the single-mode fiber, a triplet-lens fiber collimator [Thorlabs, TC25FC-1064]
creates a Gaussian-shaped beam. A single lens (f = 200 mm) focuses the light to a 1/e2 waist of
w0 = 33 μm located 650 μm below the atom chip. With a 60 mW single Gaussian beam, we realize an
optical potential with trap frequencies of ωradial = 2π · 230 Hz and ωaxial = 2π · 2 Hz along the radial and
axial axes respectively, and with trap depth of Û = kB · 5 μK for 87Rb atoms. The dipole beam is leveled
with respect to gravity and a photodiode at the backside of the chamber monitors its optical power.

Absorption images of the atomic ensembles can be taken from two orthogonal directions: parallel and
perpendicular to the dipole beam, as shown in figure 1(a). The imaging beam along the propagation of the
dipole beam is coupled through the chamber via two dichroic mirrors in front of and behind the UHV
chamber, whereas the perpendicular imaging beam enters via a window from the side.

3. Methods and results

3.1. Scaling approach with a Gaussian shaped potential
We predict the dynamics of a BEC through a variational ansatz to numerically solve the time-dependent
Gross–Pitaevskii equation following a scaling approach [35, 36]. As trial functions, we choose a Gaussian
ansatz of the form

ψ(x, y, z, t) =

√
N0

(2π)
3
2

∏
ξ∈{x,y,z}

1
√
σξ

exp

[
− (ξ −Δξ)2

4σ2
ξ

+ iαξξ + iβξξ
2

]
, (1)

where Δξ is the COM position, σξ is the size of the BEC, αξ accounts for the COM kinetic energy, and βξ is
proportional to the inverse square root of the radius of curvature for a BEC of atom number N0. The
evolution equations for these parameters are obtained by solving the Lagrange equations

∂L(ψ,ψ†)

∂qξ
− d

dt

∂L(ψ,ψ†)

∂q̇ξ
= 0, qξ(t) ∈ {Δξ ,σξ ,αξ,βξ}(t). (2)

We model the optical atom lens with a 3D Gaussian potential instead of a harmonic approximation [36]
given by

Udip(x, y, z, t) = −Û(P) exp

[
− (t − tdel)2

2τ 2

] ∏
ξ∈{x,y,z}

exp

[
−2

ξ2

w2
0,ξ

]
, (3)

where the trap depth is a function of optical power Û(P) = kB · 5 μK/60 mW · P for a single dipole beam
with 1/e2 waists of w0,x = w0,z = 33 μm (radial axes) and Rayleigh range yR = 3.2 mm ≈ w0,y/

√
2 (axial

axis)6. For matter-wave lensing, we define a time-dependent, Gaussian envelope h(t) of width τ delayed by

5 Less than 600 mW of optical power are used for the presented work.
6 We assume w0,ξ � σξ in the evolution equations (parabolic lens).
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tdel after the release of the BEC. The initial values qξ(t = 0 s) = qξ,0 for the numerical simulations are
determined by matching the trajectories of the BECs and their asymptotic expansions with the experimental
data obtained from time-of-flight (ToF) measurements. The initial positions Δz,0 and size σz,0 for the
atom-chip trap are shown in table 1. Sizes in the other dimensions are given by σξ,0

√
ωξ = σζ,0

√
ωζ .

3.2. Thin-lens formalism for matter waves
Matter waves subjected to an atom lens underly an isomorph formalism analog to the description of
photonic waves passing a thin lens [17, 18], as illustrated in figure 1(b),

1

u
+

1

v
=

1

f
⇔ 1

tdel
+

1

texp
=

1

fDKC
, (4)

±V

U
=

v

f
− 1 ⇔ ± σ

σ0
=

texp

fDKC
− 1, (5)

where (u, tdel) is the distance from the object to the lens and (v, texp) is the distance from the lens to the
image, respectively in space and time. (U,σ0) is the size of the object and (V,σ) is the size of the image.
Location and magnification depend on the refractive power of the lens, which inversely relates to a focal
length f for photonic waves and a focal time fDKC for time-domain optics with matter waves.

A matter-wave lens is achieved e.g. by switching on an optical potential of trap frequency ωDKC, and can
be approximated by a thin lens

f −1
DKC(P, τ , tdel) =

∫ +∞

−∞
ω2

DKC(P, t) · h(t)dt ≈ ω2
DKC(P, tdel) · τ

√
2π, (6)

if the pulse is relatively short such that ωDKC(tdel ± τ ) ≈ ωDKC(tdel). Such a lens can ultimately be used to
control the dispersion of matter waves. Like in photonics, a convex lens with fDKC > 0 converges, while a
concave lens with fDKC < 0 diverges matter waves. Thus ωDKC is a complex quantity in this formalism which
we therefore refer to as an effective trap frequency.

3.3. Characterization of the optical matter-wave lens
Control of the dispersion and size of atomic ensembles requires a careful adjustment of the refractive power
of the matter-wave lens and, hence, an analysis of the lensing potentials. For this purpose, we either
examine the magnification of lensed matter waves or directly measure the trap frequencies of the lensing
potential.

First, we determine the trap frequencies of our optical matter-wave lens from collective-mode
oscillations inside the dipole potential. For transfer into the ODT, we prepare a BEC in the magnetic trap
(named transfer trap) whose trap center is spatially overlapped with the dipole beam, as shown in
figure 1(a). We linearly ramp up the optical power to P = 60 mW within 50 ms and, after temporal overlap
of the two traps for additional 50 ms, we switch off the magnetic fields. Subsequently, we observe size
oscillations with a period of 416 ms along the axial direction of the dipole beam, caused by the
non-adiabatic decompression of the trap frequencies from the atom-chip trap (ωy = 2π· 46 Hz) to the
ODT (ωy = 2π· 2 Hz), as shown in figure 2(a).7 Residual spatial displacements of Δx,0 = 2 μm and
Δz,0 = 21 μm of the traps lead to COM oscillations along the radial directions of the beam with periods of
4 ms and 1/e dampings of Γx = 31 s−1 and Γz = 101 s−1, as shown in figure 2(b). We obtain the initial
displacement, trap frequencies, damping coefficients, and phase of the COM oscillations from the
experimental data (symbols) with fits (lines) of the form Δξ(t) = Δξ,0 sin

(
ωξt +Φξ

)
· exp

(
−Γξt

)
. The

resulting trap frequencies of the optical potential are ωx,y,z = 2π · (230, 2, 228) Hz.
Second, we utilize the magnification of the matter waves as a measure of the lensing potential. According

to equation (5), the magnification is inversely proportional to the focal time of the matter-wave lens and a
modification for arbitrary expansion times together with equation (6) reads

σ′(t) ± σ(t)

σ′(tdel)
= (t − tdel) · ω2

DKC(P, tdel) · τ
√

2π, (7)

where the prime distinguishes between the freely propagating (σ′) and the lensed BEC (σ). With σ′

determined by the release trap itself, the effective trap frequency ωDKC of the matter-wave lens is accessible
by measuring σ(t).

Figure 2(c) shows trap frequencies of matter-wave lenses for various optical powers ranging from 0 to
600 mW. The delay time and duration of the optical pulses are tdel = 7.2 ms and τ = 6.3 μs. Trap

7 We obtain the size of the condensate fraction inside the ODT from bimodal fits to the atomic density distribution to account for
atoms inside the thermal background.
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Figure 2. Characterization of the optical matter-wave lens. (a) Size and (b) COM oscillations of the BEC after transfer from the
atom-chip trap into an ODT of 60 mW optical power. The lines denote fits from where we obtain the trap frequencies
ωx,y,z = 2π · (230, 2, 228) Hz of the lensing potential. (c) Trap frequencies derived from the magnification of matter-waves in
dependence of power of the optical pulses. The experimental data (symbols) is deduced from the size of lensed ensembles after a
total expansion time of t = 33.4 ms. The delay time and duration of the optical pulses are tdel = 7.2 ms and τ = 6.3 μs. From
equation (7), two branches arise that correspond to lensed matter waves detected before (circles) and after (squares) occurrence
of a focus. Analytical expressions based on the standard power low of a single beam ODT are shown as lines. Deviations result
from the minimum observable and minimum achievable size in the experiment (shaded area) due to aberrations of the
matter-wave lens and the detection limit. We include ωz obtained from the COM oscillations in (b).

frequencies (symbols) are experimentally derived from the size of lensed ensembles after a total expansion
time of t = 33.4 ms. Analytical expressions of equation (7) using the standard power law of a single beam
ODT are shown as lines. Two branches ωDKC(±σ) arise that correspond to lensed matter waves detected
before (circles) and after (squares) occurrence of a focus. Their intersection (vertical line) indicates the lens
with ωDKC(σ = 0), which causes the matter wave to focus during the detection. From there, we exclude the
non-physical parts of the branches ∝

√
P0 − P (unfilled symbols and dotted line) from the part obeying the

theoretical expectation ∝
√

P (filled symbols and solid line). For comparison, we include the trap frequency
ωz obtained from the data shown in figure 2(b).

For the experimental data, the two branches do not intersect and are separated by a gap (shaded area).
This gap results from a combination of Gross–Pitaevskii interactions at high densities, atoms in the thermal
background, lens aberrations of our optical matter-wave lens and aberrations of our imaging system, which
limit the minimum achievable and the minimum observable sizes in the experiment, respectively [13]. We
refer to this in the following as finite size limit σmin. For sizes σ > σmin, both branches approach the
theoretical expectation and we find agreement with the result obtained from collective-mode oscillations. In
this way, equation (7) provides a reliable method to measure trap frequencies in the experiment.

3.4. Engineering of concave and convex lenses from a Gaussian beam
Full flexibility in control of the dispersion and size of atomic ensembles requires matter-wave lenses of
various shapes to form multiple-lens systems and matter-wave telescopes with lenses precisely arranged in
time. For this, we control the shape of our matter-wave lens by carefully matching the COM position of the
BEC with the desired location within the lensing potential. According to equation (6), a convex lens
(fDKC > 0) is achieved if ωDKC is real, and a concave lens (fDKC < 0) is achieved if ωDKC becomes imaginary.
To this end, we study the impact imposed by the finite trapping volume and anharmonic potential of the
Gaussian beam on the matter-wave lens.

With the atoms in free fall, the dipole potential is not stationary within the atom frame and can be
Taylor expanded around the COM position of the BEC

Udip(z, t) = U0(t) + Fdip(t) · (z −Δ) +
1

2
m · ω2

DKC(t) · (z −Δ)2 +O
(
z3

)
(8)

with time-dependent expansion coefficients U0 (trap depth), Fdip (dipole force acting on the COM
position) and ωDKC (effective trap frequencies) taking into account arbitrary anharmonicities of the
potential. For the 1D variation of the dipole potential in equation (3), these coefficients are given as

U0(t) = Udip(z, t)
∣∣
z=Δ

= −Û exp

[
−2

Δ2(t)

w2
0

]
· h(t), (9)

Fdip(t) =
∂

∂z
Udip(z, t)

∣∣∣∣
z=Δ

=
4U0(t)

w2
0

·Δ(t), (10)
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Figure 3. Engineering of concave and convex lenses from a Gaussian beam. (a) Each absorption image shows a BEC after
exposure to matter-wave lenses with various delay times between the release from the atom-chip trap and the optical pulse.
Power and duration of the pulses are constant with P = 116 mW and τ = 12.5 μs. The total expansion time is t = 33.4 ms. We
obtain the dipole force Fdip and effective trap frequencies ωDKC from the COM position Δ and size σ of the lensed ensembles,
respectively. (b) Dipole force deduced from experimental data (circles) together with theoretical expectation (line) based on the
potential’s gradient, equation (10). (c) Effective trap frequencies deduced from experimental data (symbols) together with
theoretical expectations (lines) based on the potential’s curvature, equation (11). As a consequence of sign change in curvature,
the optical lens is convex for ωDKC ∈ Re (circles and solid line) and concave for ωDKC ∈ Im (squares and dotted line). The shaded
areas in (b) and (c) indicate the dipole potential in time domain.

ωDKC(t) =

√
1

m

∂2

∂z2
Udip(z, t)

∣∣∣∣
z=Δ

=

√
4U0(t)

mw2
0

(
4
Δ2(t)

w2
0

− 1

)
, (11)

where Δ(t) = Δz,0 − 1
2 gt2 is the COM position of the atoms, h(t) the time-dependent envelope of the laser

pulse and m the particle mass of 87Rb.
We examine the dipole force and effective trap frequency of our matter-wave lens for various delay times

tdel between the release of the BEC from the atom-chip trap and the optical pulse, as shown in figure 3.
Power and duration of the pulses are kept constant with P = 116 mW and τ = 12.5 μs. Figure 3(a) shows
absorption images taken after a total expansion time of t = 33.4 ms while scanning tdel from 6.5 to 7.9 ms.
We deduce the dipole force and trap frequencies from the COM position and size of the BEC and plot them
in figures 3(b) and (c) together with the analytical expressions derived in equations (10) and (11),
respectively. For reference, we indicate the dipole potential in time domain as shaded areas.

The experimental data of the dipole force Fdip (circles) resolves the shape of the potential’s gradient
(line), as shown in figure 3(b). At tdel = 7.2 ms, the trajectory of the BEC Δ(tdel) = 0 intersects with the
Gaussian beam, where Fdip has a zero crossing. Apart from this, the matter waves are suspended to a force

during the lens acting on the COM of the BEC, which reaches its extreme values of
Fdip

m = ±
√

2 4Û
mw0

≈ ±40 m s−2 when Δ2(tdel) =
w2

0
4 and drops again to zero when the optical pulse misses the BEC.

The experimental data of the trap frequencies ωDKC (symbols) inherits the shape of the potential’s
curvature (lines), as shown in figure 3(c). The curvature changes sign, and, as a consequence, ωDKC ∈ Re for

Δ2(tdel) <
w2

0
4 (circles and solid line) and ωDKC ∈ Im for Δ2(tdel) >

w2
0

4 (squares and dotted line). The
curvature has an extreme value at the center of the Gaussian beam (tdel = 7.2 ms), where the effective trap

frequency of the lens becomes identical with the harmonic approximation ωDKC =
√

4Û
mw2

0
≈ 2π · 305 Hz.

With ωDKC time-dependent, we control the focal time’s magnitude and sign of our matter-wave lens via
the timing of the optical pulses. Depending on the selected delay time, we achieve a convex lens to converge,
and a concave lens to diverge matter waves. For any imperfect overlap of the dipole beam and BEC, a COM
kick happens, as can be clearly seen in the absorption images in figure 3(a). We note, that the matter-wave
lens is subjected to larger shot-to-shot instabilities close to the sign change in focal time, where operation is
not desirable.

3.5. Time-domain optics with optical matter-wave lenses
Once the shape of our matter-wave lens is selected with the timing, we further control its focal time through
the power and duration of the optical pulses. Here, we demonstrate matter-wave optics with optical lenses

6
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Figure 4. Time-domain optics with optical matter-wave lenses of different shapes and refractive powers. (a) ToF measurements:
convex matter-wave lenses (dotted lines) of various optical powers allow to reduce (yellow triangles), almost stop (red squares) or
even reverse (blue diamonds) the expansion of a freely falling BEC (purple circles). In addition, a concave matter-wave lens
(dashed line) leads to an increase of expansion. Concave and convex lenses differ in delay time, as shown in the inset together
with the dipole potential in time domain. (b) The experimental data (symbols) denotes the size of lensed ensembles after a total
expansion time of 33.4 ms with pulses of various durations and optical powers. The delay time is 7.2 ms. The lines show
numerical simulations obtained with a scaling approach. We indicate the minimum achievable and minimum observable size in
the experiment due to atoms in the thermal background and aberrations of our matter-wave lenses and the detection system as a
shaded area. Parameter sets of pulse duration and power which cause the matter-waves to focus during the detection (minima)
are plotted in (c). For comparison, the black line indicates the relevant matter-wave lenses with a focal time fDKC = 5.6 ms
predicted by the thin-lens equation (4) within a 1.5 ms interval.

of different shapes and refractive powers. The relevant focal times are obtained for any parameter set
(P, τ , tdel) according to equation (6) with the results presented in figures 2(c) and 3(c).

Figure 4(a) shows ToF measurements, where we plot the size of BECs extracted from absorption images
taken with multiple expansion times ranging from t = 8 to 34 ms (symbols). They are shown together with
our theoretical predictions obtained with the scaling approach (lines). We utilize τ = 12.5 μs long pulses to
form matter-wave lenses of different focal times, which are either convex (dotted lines) or concave (dashed
line). Convex and concave lenses differ in delay time, as becomes more visible in the inset of figure 4(a)
together with the dipole potential for reference (shaded area). The selected delay times are tdel = 7.2 ms and
tdel = 6.8 ms with fDKC(7.2 ms) > 0 and fDKC(6.8 ms) < 0, respectively.

In analogy to photonic waves in ray optics, the expansion of the matter waves is modified following the
thin-lens equation (4), but in a time domain: optical pulses of various powers P = (50, 120, 280) mW allow
to reduce (yellow triangles), almost stop (red squares) or even reverse (blue diamonds) the expansion of the
BEC. The related convex lenses cause a diverging (fDKC(50 mW) = 18.3 ms > tdel), a nearly collimated
(fDKC(120 mW) = 7.6 ms ≈ tdel) and a converging (fDKC(280 mW) = 3.3 ms < tdel) matter wave. In
contrast, the concave lens with a pulse of P = 120 mW leads to an increase of expansion, where
fDKC(120 mW) = −19.5 ms causes a divergent matter wave.

We also examine if the employed lenses obey the thin-lens equation in a quantitative manner: in
figure 4(b), we show the final BEC sizes of the ToF measurements after pulses of various durations
τ = (6.3, 12.5, 25.0, 37.5, 62.5) μs with optical powers in the range of P = 0 to 600 mW (symbols). The
delay time is tdel = 7.2 ms. Numerical simulations with the scaling approach are shown as solid lines. The
finite size limit of our experiment σmin is indicated as a shaded area. For each pulse duration, the size of the
BEC decreases, reaches a minimum and increases again for higher optical powers. Pulses that lead to the
minimum BEC size relate to a matter-wave lens, which causes the matter wave to focus during the
detection. The parameter sets of these pulses are plotted in figure 4(c) (symbols). The black line indicates
the parameters of matter-wave lenses predicted by equation (4) with t = texp + tdel. The obtained focal time
is fDKC = 5.6 ms. We find agreement with the experimental data within a 1.5 ms interval.

3.6. Hybrid matter-wave telescope
We realize a hybrid matter-wave telescope formed by a magnetic lens and an optical lens. Similar to the
collimation of a divergent source with two lenses in a complementary arrangement, the magnetic and
optical potentials of the atom-chip trap and ODT serve to collimate matter waves in two dimensions while
magnifying the matter wave in one dimension. The parameters of the lensing potentials are shown in
table 1.

After release from the magnetic trap, the BEC freely expands for tdel = 6.0 ms before being exposed
again to the magnetic fields of the atom chip. A τ = 300 μs long box pulse of the magnetic potential
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Figure 5. Hybrid matter-wave telescope. The magneto-optical lens system consists of two matter-wave lenses arranged in time.
First, the magnetic lens diverges the matter wave along the z-axis. A subsequent optical lens then converges the matter-wave close
to the point of collimation. This way, we form a Galilean-type telescope. ToF measurements of a BEC which (a) freely expands,
and after exposure to either (b) the magnetic lens (delay time tdel = 6 ms) or (c) the hybrid lens system (lens spacing
δt = 1.8 ms) together with density profiles for selected expansion times. Black, vertical lines indicate the position of the lenses.
The colored lines denote numerical simulations along multiple dimensions (yellow, blue, orange) obtained with a scaling
approach in harmonic approximation. Preceding expansions are shown as gray lines for reference. Deviations result from the
minimum observable and minimum achievable size in the experiment due to atoms in the thermal background and aberrations
of matter-wave lenses and the detection system.

generates a matter-wave lens that is concave in one dimension and convex in the other ones. The effective
trap frequencies are (ωx,ωy,ωz)mag = 2π · (44, 113, 90i) Hz, which we obtain from magnetic field
simulations based on Biot–Savart’s law with a simplified chip model. The corresponding focal times of the
magnetic lens are (fx, fy, fz)mag = (+43.6,+6.6,−10.4) ms.

A second lens formed by a P = 67 mW, temporally shaped, Gaussian pulse of the dipole beam (1/e2

width of τ = 25 μs) completes the telescope. The optical potential with effective trap frequencies of
(ωx,ωy,ωz)opt = 2π · (240, 3, 240) Hz generates a 2D cylindrical lens with focal times (fx, fy, fz)opt =

(+6.9, 0,+6.9) ms. We choose a lens spacing of δt = 1.8 ms to match the COM position of the BEC
with the center of the Gaussian beam, analog to the delay scans presented in figure 3.

Figure 5 shows ToF measurements of a BEC which (a) freely expands (triangles and dotted lines), and
after exposure to either (b) the magnetic lens (squares and dashed lines) or (c) the hybrid lens system
(circles and solid lines). Vertical lines indicate the position of the matter-wave lenses. We show density
profiles for selected expansion times. Sizes of the BEC along the y- and z-axes are obtained by 2D Gaussian
fits to the atomic density distributions, which we indicate as blue and orange symbols, respectively8.
Simulations with the scaling approach including both the magnetic and optical potential in a harmonic
approximation are shown as lines (yellow, blue, orange). Preceding expansions are shown as gray lines for
reference.

Along the x-axis (yellow), both lenses are convex (fx > 0) and the two-lens system causes the matter
wave to refocus. This cannot be directly observed due to the detection limit within the experiment.

Along the y-axis (blue), the magnetic lens collimates the matter wave (fy ≈ tdel). The subsequent optical
lens does not affect the expansion on the examined timescale (fy ≈ 0). Nevertheless, we observe an increase
in the asymptotic expansion imposed by the Gross–Pitaevskii interaction at high densities.

Along the z-axis (orange), the magnetic lens further increases the BEC’s expansion (fz < 0). The optical
lens then converges the matter wave (fz > 0) close to the point of collimation. This way, we form a
one-dimensional, Galilean-type telescope able to magnify the matter wave, thus changing the aspect ratio of
the ensemble.

The hybrid matter-wave telescope can be described by a single lens with a combined focal time analog to
the concept of an effective focal length of a two-lens system

1

f
=

1

fmag
+

1

fopt
− δt

fmag · fopt
, (12)

where the position of this effective lens is t = tdel + δt · (1 − f/fmag). The numerical simulations of σz shown
in figure 5(c) (orange) are derived with this combined lens of f = 12.5 ms instead of the two-lens system.

8 We accommodate atoms inside the thermal background and lens aberrations of the magnetic lens with bimodal fits alongside the
z-axis.
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The scaling approach predicts the measured change of the ensemble’s aspect ratio by a factor 1.4 within
16% agreement between simulations and experimental data. Deviations in absolute sizes result from the
finite size limit of our experiment σmin due to atoms in the thermal background and aberrations of the
matter-wave lenses and the detection system.

4. Conclusion

Our combined atom-chip and dipole trap setup enables the flexible creation of matter-wave lenses
employed in BECs. Atom lenses of various shapes and refractive powers can be engineered, e.g. through the
timing, power and duration of the optical pulses of the single Gaussian beam. Lens systems formed by
multiple atom lenses of different types then allow to manipulate both the dispersion and size of atomic
matter waves.

The image formation can be predicted within a thin-lens formalism including anharmonicites attributed
to the Gaussian beam, which we confirm experimentally. These findings prove this kind of experiment
suitable to characterize arbitrary potentials by measuring the magnification of lensed matter waves. We can
estimate an error on the measurement of the trap frequencies by acknowledging uncertainties in the timing
of the lens δtdel, detection δt, lens duration δτ and size of the BEC δσ. From equation (7), we infer the
relative error

δωDKC

ωDKC
=

δσ

σ′(t) ± σ(t)
+

δt

t
+

δτ

τ
+

δtdel

tdel
(13)

with equal impacts of the time observables. However, we see that larger changes in size σ′(t) ± σ(t) and
extended expansion times t lower the overall error in terms of influence of δσ. To increase the resolution,
the duration τ and timing tdel need to be short such that the thin-lens approximation is valid if
ωDKC(tdel ± τ ) ≈ ωDKC(tdel) and lens aberrations are reduced if σ(tdel) � w0 (parabolic lens).

In addition, the scaling approach provides a good tool to model the evolution of BECs after release and
manipulation in optical potentials including the influence of the finite trapping volume. We are able to
match the asymptotic expansions with the experimental data. The model underestimates the absolute size
close to the finite size limit σmin and after refocusing of the matter waves, which we explain by the detection
limit in our experiment, bimodal density distribution due to atoms in the thermal background and lens
aberrations of the involved matter-wave lenses.

Lens systems, such as the matter-wave telescope presented in this work, allow to customize matter-wave
packets in multiple dimensions. We anticipate lens systems with atom chips and crossed beam ODTs to
reduce density-driven expansions towards unrivaled effective 3D temperatures.
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[18] Maŕechal E, Guibal S, Bossennec J-L, Barbé R, Keller J-C and Gorceix O 1999 Phys. Rev. A 59 4636–40
[19] Debs J E, Altin P A, Barter T H, Döring D, Dennis G R, McDonald G, Anderson R P, Close J D and Robins N P 2011 Phys. Rev. A

84 033610
[20] Abend S et al 2016 Phys. Rev. Lett. 117 203003
[21] Heine N, Matthias J, Sahelgozin M, Herr W, Abend S, Timmen L, Müller J and Rasel E M 2020 Eur. Phys. J. D 74 174
[22] Ahlers H et al 2016 Phys. Rev. Lett. 116 173601
[23] Hardman K S et al 2016 Phys. Rev. Lett. 117 138501
[24] Eto Y, Ikeda H, Suzuki H, Hasegawa S, Tomiyama Y, Sekine S, Sadgrove M and Hirano T 2013 Phys. Rev. A 88 031602
[25] Moan E R, Horne R A, Arpornthip T, Luo Z, Fallon A J, Berl S J and Sackett C A 2020 Phys. Rev. Lett. 124 120403
[26] Leanhardt A E, Pasquini T A, Saba M, Schirotzek A, Shin Y, Kielpinski D, Pritchard D E and Ketterle W 2003 Science 301 1513–5
[27] Inouye S, Andrews M R, Stenger J, Miesner H-J, Stamper-Kurn D M and Ketterle W 1998 Nature 392 151–4
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